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ABSTRAC

ABSTRAC

A ring R is said to be clean if for each element of R can be written
as the sum of a unit and idempotent element .In this thesis , we give new
propertes of clean ring, and give the relationship between clean ring and
other ring like r-clean ring, 2-clean ring , regular ring and unit regular
ring .

Furthermore we study clean ideal , and non-clean ideal . Finally we

prove that the ring of integers modulo n is a clean ring Furthermore we give

some examples for several cases .
Our results in this thesis are the following :

1- Let R be abelian ring , if x" is clean , for any positive integer n then x
g yp g

is clean element. (Theorem 2.1.7)

2- Let R be a commutative ring ,and let a ¢ R if a R =¢e R, where e 1s

idempotent .Then R is a clean ring ( Theorem 2.1.8).
3-If R/J (R) aclean ring , then R is 2- clean ring (Theorem 2.2.8).

4- Let N be anil ideal of a commutative ring R if R/N is regular , then
for every a € R there exists an idempotent e in R such that ae is 2 —clean

ring . (Theorem 2.2.9)

5- Let R=Z,, where n any positive integer , then R is a clean ring.
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