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Abstract

An element a € R is known a strongly nil — clean element if
a=e+n,en =ne where e = e? andn € N(R). An ideal I is called
a strongly nil — clean ideal if every element of I is a strongly nil —
clean element.

In this thesis further properties of a strongly nil — clean ideal
were given. The notion of a strongly nil* clean ideal, was introduced
and that [ is a strongly nil* clean ideal if for every a €1,
a = e; — e e, + n, where e,, e, are idempotents and n is a nilpotent
that commute with one another. Some basic properties of a strongly
nil* clean ideal were given, and it’s connection with other ideals were
derived.

Some of the main results of the present work are is follows:

1- Let R be a commutative ring, and let [ is nil — clean ideal of R
then any element of I has a unique decomposition.

2- If R is local ring then every nil — clean ideal is a nil ideal.

3- If I and ] are strongly nil — clean ideals with every pair of
idempotent element is orthogonal, then I + J is a strongly nil —
clean ideal.

4- If I is strongly tripotent ideal a €1, a=t+n, t3 =t,
n € N(R), then I N J(R) is anil ideal.
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