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Abstract

An element a of aring R is said to be a weak nil clean element , if
can be written as a sum or a difference of a nilpotent element b and an

idempotent element e such thata =b + eor a =b — e, and the ring R

is said to be weak nil clean ring if each of its elements is weak nil clean .

In this work we first studied some properties of weak nil clean rings ,
Let R be aring with Id(R) = {0,1}. Then R is weak nil clean , if and only
if , R is local ring and J(R) is Nil ideal.

Our major goals is to study new classes of weak nil clean rings namely,
weak JN-clean ring, we give the basic properties of this rings and their
relations with other rings.

Some of the main results of the present work are follows:

1. Let R be aring. Then R is weak nil clean if and only if, R/P(R) is

weak nil clean.

2. Inacommutative ring R, if x is weak nil clean element, then x™ is
weak nil clean element if

(x—y)™ =Y (1)) xky™=k x,y € R.

3. Let R be a weakly Nil clean ring and let a € R. If aR contains no non-
zero idempotent. then, a is the sum of a nilpotent and a right unit.

4. Let Ry, R,,..., R, be rings. Then, R =[], R; is weak JN-clean if and
only if each R; for each i is weak JN-clean and at most one R; is
not nil clean ring.

5. Every strongly weak JN-clean element is strongly clean .



