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Abstract

In this thesis, we consider two closely related classes of rings that 

generalize the concept of nil clean rings. We consider strongly tri nil clean 

rings (STNC), i.e., rings where every element can be written as a sum of a 

tripotent element (an element ऄ such that ऄଷ = ऄ) and a nilpotent element, 

which commute. 

We examine key structural implications of this decomposition, including 

conditions on nil ideals, unit elements, and the Jacobson radical. We give 

some fundamental properties and structure theorems of STNC rings, 

including criteria under which an STNC ring is strongly nil clean and 

characterizations linking STNC rings with tripotent rings. In addition, we 

establish the notion of STNC rings with involution units, We provide 

examples of this class and prove that all such STNC rings with involution 

units are strongly invo clean. We also prove that the Jacobson radical is a nil 

ideal in these rings and that they satisfy Zhou's conditions for nil clean rings.
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  ʝƄʳʯʴʸال 

ƅه اʚƍ ƓةفƅŕŬʛ .ةƈوʙŸʺƅة اॽʁʻƅت اŕƂƆʴƅم اʨƎſƈ ʦʺŸśُ Ɠʱƅت اŕƂƆʴƅا ʧƈ ةƆʸƅا ƓʱƂॽوث ʧʽʱʯرس فʙƊ ،

(، أȑ اŕƂƆʴƅت اǼŕʱؗ ʧȞʺǽُ Ɠʱƅة ؗل ʙƊSTNC ʛʸʻŷرس اŕƂƆʴƅت اॽʁʻƅة اʙŸʺƅوƈة ا񯿿ʲƅثॽة اȄʨƂƅة)

 ʛʸʻŷ( ȐʨƂƅا Ɠث��ث ʛʸʻŷ عʨʺʳʺؗ ŕƎʽفऄ  ʘʽʴǼऄଷ = ऄومʙŸƈ ʛʸʻŷوان  ( و ،ȐʨƂƅا

، ŕʺǼ فƓ ذSTNC ʥƅاŕॼʱƈ ʧȄʛʸʻŸƅدʙƂƊُ .ʧʽƅم ʠŸǼ اŕʸʵƅئʟ ا�ॽŬŕŬة وŕȄʛʤƊت بॽʻة حŕƂƆت 

ॽʁƊة ʙŸƈوƈة اȐʨƂƅ، واŕʸʵƅئʟ اȌȃʛś Ɠʱƅ حŕƂƆت  STNCاŕŸʺƅيʛʽ اʨʺǼ ʛʰʱŸśُ ƓʱƅجŕƎʰ حƂƆة 

STNC  تŕƂƆم حʨƎſƈ ƓŬʛƊُ ،ʥƅى ذƅفة إŕض𿿿ŕǼ .ȐʨƂƅة اॽث񯿿ʲƅت اŕƂƆʴƅŕǼSTNC ʽف Ɠʱƅوا Ŷॽʺج ŕƎ

 ʛصŕʻŸƅائʺةاʨʺƅت  اŕƂƆح Ŷॽʺأن ج ʗʰʲƊُة وʯſƅه اʚƍ ىƆŷ ةƆʲƈم أʙƂƊُ ،ةॽƊŕʲƅرجة اʙƅا ʧƈSTNC 

ʻŷ Ɠʱƅواŕʲƅرجة اʙƅا ʧƈ ائʺةʨʺƅا ŕƍʛصŕةȄʨة وقſʱƆƈ ةॽʁƊ تŕƂƆح Ɠƍ ةॽƊ رʚأن ج ŕ ً́ ǽأ ʗʰʲƊ .

 ت.zhou ŕƂƆʴƆƅفʚƍ Ɠه اŕƂƆʴƅت وأȘƂʴś ŕƎƊ شʛوʜʽʺƈ4  ȋه  جŕكʨʶȃʨن ʙŸƈ Ɠƅŕʲƈ ʨƍوم

 


